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PE SO 1

Cau 1: a) Chobiéta= 2++/3 vab= 2—+/3 . Tinh gia tri biéu thitc: P=a + b—ab.

. . 3x+y=5
b) Giai h¢ phuong trinh: { y :
X-2y=-3
\ y 1 1 Jx
Cau 2: Cho biéu thirc P = + : Voix>0,x #1
(x-& &_1] NN UL :

a) RUt gon biéu thic P.
b) Tim cac gia tri ciia x 4 P > %

Cau 3: Cho phuong trinh: X = 5x + m = 0 (m la tham s6).

a) Giai phuong trinh trén khi m = 6.

b) Tim m dé phuong trinh trén c6 hai nghiém x;, X, thoa man:
X, —X,|=3.
Cau 4: Cho duong tron tam O duong kinh’AB. Veéday cung CD vuong goc
voi AB tail (I nam gitra A va O). Lay diém E.trén cung nho BC ( E khac B
va C), AE cat CD tai F. Chirng minh:

a) BEFI la t&r gic noi tiép duong,tron.

b) AE.AF = AC%

¢) Khi E chay trén cung nho BC thi tdm duong tron ngoai tiép ACEF
lubn thudc mot duong thang co dinh.
Cau 5: Cho hai sé duong ayb théa man: a + b < 22 . Tim gia tri nho nhat

cuia biéu thirc: P=1+i.
a“ b
PE SO 2
Cau™1:a) Rut gon biéu thirc: t 1
) ' "3-J7 3447

b) Giai phuong trinh: x* — 7x + 3 = 0.
Cau 2: a) Tim toa do giao diém cua dudng thang d: y= - X + 2 va Parabol
(P):y =X
4x+ay=Db
b) Cho hé phuong trinh: { y=b
X-by=a

Tim a va b dé hé d cho c6 nghiém duy nhét ( x;y ) = ( 2; - 1).
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Cau 3: Mot xe lira can van chuyén mot lugng hang. Nguoi lai xe tinh rang
néu xép mdi toa 15 tan hang thi con thura lai 5 tan, con néu xep mdi toa 16
tan thi po thé chd thém 3 tan nita. Hoi xe lira ¢ may toa va phai chd bao
nhiéu tan hang.
Cau 4: T mot diém A nam ngoai duong tron (O;R) ta V& hai tiép tuxén
AB, AC véi duong tron (B, C la tiep diém). Trén cung nho BC lay mot diém
M, vé MI L AB, MK L AC (I AB,Ke AC)

a) Chirng minh: AIMK 14 tir giac ndi tiép duong tron.

b) V& MP L BC (P BC). Chirng minh: MPK = MBC.

¢) Xéc dinh vi tri cua diém M trén cung nhé BC dé tich MLMK.MP
dat gia tri 16n nhat.

Jx - 2009 -1, Jy-2010-1 . Jz,2011-1 3
X - 2009 y - 2010 7-2011 4

Cau 5: Giai phuong trinh:

PE SO 3

Cau 1: Giai phuong trinh va hé¢ phuong trinh sau:
a) X*+3x%-4=0

2Xx+y=1
b){X y
3X+4y=-
Cau 2: Rt gon cac biéu thie:
_\/§—x/6 2++/8
a)A= =
1-J2  1+42
1 1 X + 2:/x
b).B = - . Voix>0,x # 4).
) (x—4 x+4\/;+4] & ¢ :

Cau. 3: a) V& dd thi cac ham sb y = - x* va y = X — 2 trén cling mdt hé truc
toa do.
b) Tim toa do giao diém ciia cac dd thi dd vé o trén bang phép tinh.

Cau 4: Cho tam giac ABC co ba goc nhon ndi tiép trong duong tron (O;R).
Cac duong cao BE va CF cat nhau tai H.

a) Chirng minh: AEHF va BCEF la cac tir gidc noi tiép dudng tron.

b) Goi M va N thir ty 1a giao diém thir hai ctia duong tron (O;R) Véi
BE va CF. Chung minh: MN // EF.

¢) Chang minh rang OA L EF.
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Cau 5: Tim gié tri nho nhit cta biéu thuc:
P=x2-xJy +x+y-.Jy +1

PE SO 4

e

Cau 1: a) Truc can thirc & miu cua cac biéu thic sau: ;

1

2 4 £
= ax” di qua diém

s
o

b) Trong hé truc toa do Oxy, biét dd thi ham s
M (- 2; % ). Timhésd a.

<

Cau 2: Giai phuong trinh va hé phuong trinh sau:
a) V2x+1=7-x
2X+3y=2
b) 1

X-y==
y6

Cau 3: Cho phuong trinh 4n x: x* = 2mx + 4 = 0 (1)
a) Giai phuong trinh da cho khi'm = 3.

b) Tim gié tri caa mdé phuong trinh (1) ¢ hai nghiém xi, X, thoa
man: (xi+1)+(x+1) =2,

Cau 4: Cho hinh vuéng ABCD c6 hai dudng chéo cit nhau tai E. Lay I

thuoc canh AB, Mithudc canh BC sao cho: IEM =90° (I va M khong triing
v6i cac dinh ciiahinh vuéng ).

a) Ching minh rang BIEM 1a ttr gidc noi tiép dudng tron.

b)" Tinh sb do cua goc IME

¢) GoiN la giao diém cta tia AM va tia DC; K 1a giao diém cua BN va
tia EM. Ching minh CK L BN.

Céau 5: Cho a, b, ¢ la @ dai 3 canh ctia mot tam giac. Chirng minh:
ab +bc +ca < a®+b? +c?<2(ab + bc + ca).

PE SO 5
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Cau 1:a) Thuc hién phép tinh: (\E - \E ] /6

b) Trong h¢ truc toa do Oxy, biét dudng thing y = ax + b di qua diém
A(2;3)vadiém B(-2;1) Tim céac hé s6 a va b.
Céau 2: Giai cac phuong trinh sau:
a)x*—3x+1=0
b) X - 2 _ 24
x-1 x+1 x°-1
Cau 3: Hai 0 t6 khai hanh cling mot lac trén quang dudng tir A'dén B dai
120 km. Moi gi¢ 6 t6 thir nhat chay nhanh hon 6 t0 thir hai 1a 10 kim nén dén
B trude 6 t6 thi hai 1a 0,4 gi¢. Tinh van toc ciia moi 6 to.
Cau 4: Cho duong tron (O;R); AB va CD la hai duong kinh-khdc nhau cta
duong tron. Tiép tuyén tai B cia duong tron (O;R) cat-cac d@uong thang AC,
AD thtr tu tai E va F.
a) Chung minh tir giac ACBD 1a hinh chir nhat:
b) Chirng minh AACD ~ ACBE
¢) Chirmg minh t&r giac CDFE nditiép duoc dudng tron.
d) Goi S, S;, S, thir tu 1a dién tich.cia AAEF, ABCE va ABDF. Chirng

minh: J§+J§:£.

Cau 5: Giai phuong trinh: 10v/x%+ 1 = 3(x* +2)

PE SO 6

Cau 1: Rat gon ¢ac biéu thirc sau:

ALV3+4/3 3-3
NS

Jb Ja
b) B = - (avb -bva) (véia>0,b>0,a=b
18~ s ) >
x-y=-1 (1)
Céau 2: a) Giai hé phuong trinh: g+§=2 (2)
X Yy

~ b) Goi x4, X, |2 hai nghiém cuia phuong trinh: x* - x - 3 = 0. Tinh gia
tri bidu thirc: P =x: + x°.
Cau 3:
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a) Biét duong thang y = ax + b di qua diém M ( 2; % ) va song song Véi

duong thang 2x +y = 3. Tim cé4c hé s6 a va b.

b) Tinh cac kich thudc ctia mot hinh chir nhat c6 dién tich bang 40
cm?, biét ring néu ting mdi kich thuéc thém 3 cm thi dién tich ting thém
48 cm?.

Cau 4: Cho tam giac ABC vuong tai A, M la mt diém thuc canh AC (M
khac A va C ). Duong tron duong kinh MC cdt BC tai N va cit tia BM tai 1.
Chirng minh rang:

a) ABNM va ABCI la céc tir giac ndi tiép duong tron.

b) NM Ia tia phén giac cta goc ANI.

c) BM.BI + CM.CA = AB? + AC%.

Cau 5: Cho bidu thic A = 2x - 2,/xy +y-2X +.3. H6i'A'co gié tri nhd
nhat hay khéng? Vi sao?

PE SO 7

Cau 1: a) Tim diéu kién ciia x biéu thire saurco nghia: A= +/x-1++/3-x
1

1
3—\/5 \/§+1

b) Tinh:

Cau 2: Giai phuong trinhwa bt phuong trinh sau:
a) (x-3) =4
b) x-1 % 8

2x+1 2

Cau 3: Cho phuong trinh 4n x: x? — 2mx - 1 =0 (1)

a) Chang minh rang phuong trinh d& cho lubn ¢ hai nghiém phan
biét x1 vaxs.

b) Tim cac gié tri ciia m dé: x;? + X? — X1x2 = 7.
Cau 4+ Cho duodng tron (O;R) co duong kinh AB. V& ddy cung CD vudng
goc voi AB (CD khong di qua tam O). Trén tia doi cua tia BA lay diém S;
SC cat (O; R) tai diém thir hai 1a M.

a) Chirng minh ASMA d6ng dang voi ASBC.

b) Goi H 1a giao diém cia MA va BC; K la giao diém cua MD va AB.
Chtrng minh BMHK 1 ttr giac ndi tiép va HK // CD.

c) Ching minh: OK.OS = R,
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A o . x}+1=2y
Céau 5: Giai h¢ phuong trinh: :
y® +1=2x

PE SO 8

2X+y=5

Cau 1: a) Giai h¢ phuong trinh: {
Xx-3y=-1

b) Goi x1,%, 1a hai nghiém cta phuong trinh:3x% — x — 2 = 0. Tinh.gia

tri biéu thic: p- 41
Xl X2

Cau 2: Cho biéu thirc A = Ja - Ja :\/a_'_1 voia>0,a =1
Ja-1 a-+a) a-1

a) Rat gon biéu thirc A.
b) Tim cac gia tri ciia a dé A < 0.
Cau 3: Cho phuong trinh 4n x: x* = x + 1+ m=.0 (1)
a) Giai phuong trinh da cho véi m= 0.
b) Tim céc gia tri cuia m dé phuong trinh (1) ¢6 hai nghiém x;, X, thoa
man:  XiXo.( XXz — 2 ) = 3( X1 +X2 )
Cau 4: Cho nuira duong tron tdm O duong kinh AB = 2R va tia tiép tuyé:n
AXx cling phia véi nira duong tron doi voi AB. Tur diem M trén Ax ké tiep
tuyen thtr hai MC v6i nitadudng tron (C la tiep diem). AC cat OM tai E;
MB cat nira dwong tron (O) tai D (D khac B).
a) Chimg minh: AMCO va AMDE la cac tir gidc noi tiép dudng tron.
b) Chirng minh ADE = ACO.
¢) V& CH vuodng goc voi AB (H € AB). Chung minh rang MB di qua
trung diém cua CH.
Cau 5:Chocacsba, b, c [0; 1]. Chirng minh rang: a+b’+c®—ab-hc
—-ca< 1. ] '
DE SO 9

Cau 1:a) Cho ham sé y = (ﬁ—z)x + 1. Tinh gia tri cia ham sé khi x =

\/§+2.

b) Tim m dé duong thing y = 2x — 1 va duong thing y = 3x + m cit
nhau tai mot di€m nam trén truc hoanh.
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Vo1

Cau 2: a) RUt gon biéu thac: A = {

3\/;+6+ Jx ) x-9
X-4  x-2) x-3
X>0,X#4x#09.

: x*-3x+5 1
b) Giai ph trinh: =
) Giai phuong trin (x+2)(x-3) x-3

3X-y=2m-1
Cau 3: Cho hé phuong trinh: 4~ 7 1)
X+2y=3m+2

a) Giai hé phuong trinh da cho khim = 1.

b) Tim m dé hé (1) c6 nghiém (x; y) thoa man: x* + y* = 10.
Cau 4: Cho nira dudng tron tam O duong kinh AB. Lay"diém M thudc
doap thang OA, diém N th}lcf)c nira duong tron (O). Tir A va B V& cac tiép
tuyén Ax va By. Puong thang qua N va vuéng gac véi NM cat Ax, By thir
tu tai C va D.

a) Chirng minh ACNM va BDNM 4 céc tir giac ndi tiép duong tron.

b) Chirng minh AANB d6ng dang véi ACMD.

¢) Goi I 1a giao diém ciia AN'va CM, K 14 giao diém ctia BN va DM.
Chirng minh IK //AB.
a+hb

\/a(3a+ b) +\/b(3b +a)

Cau 5: Ching minh rang; z% Vi a, b 1a cac sb

duong.

PE SO 10

Cau 1:RAt,gon cac biéu thic:

a) A= 3\/5—\/5_—,/(\/5—1)2

2 [x*P-2x+1
x-1V  4x?
Cau 2:Giai h¢ phuong trinh va phuong trinh sau:

2(x-1)+y=3
a) ( )+ :
Xx-3y=-8

b) B = ,VOi0<x<1

b) X +3/x -4=0
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Cau 3: Mot xi nghiép san xuat duoc 120 san pham loai I va 120 san phdm
loai I trong thoi gian 7 gio. Moi gio san xuat duge so san pham loai I it
hon s6 san pham loai II la 10 san pham. H6i moi gio xi nghiép san xuat
duogc bao nhiéu san pham moi loai.
Cau 4: Cho hai duong tron (O) va (O’) cat nhau tai A va B. V& AC, AD tht
tu 1a duong kinh cuta hai duong tron (O) va (O').

a) Chirng minh ba diém C, B, D thang hang.

b) Puong thing AC cit duong tron (O)tai E; dudng thing AD cit
duong tron (O) tai F (E, F khac A). Chirg minh 4 diém C, D, E,.F cung
nam trén mot duong tron.

¢) Mot duong thing d thay d6i ludn di qua A cat (O) va(O')tht tu tai
M va N. Xac dinh vi tri ciia d & CM + DN dat gia tri 16n nhét,
Cau 5: Cho hai sb x, y thoa min ding thic:

(x +x? +2011)(y + \y? +2011) — 2011

Tinh: x +y

PE SO 11

Céau 1: 1) Rit gon biéu thuc:

A:( L-aJa I]{l I] Voia>0vaa#l.

1-+a a
2) Giai phuong trinh: 2x% - 5x + 3= 0
Cau 2: 1) Véi gia tri nao cia k, ham s y = (3 - k) x + 2 nghich bién trén R.
2) Gidih¢ phuong trinh:
Ax+y=5
{Bx -2y=-12
Cau 3% Cho phuong trinh X* - 6x + m = 0.
1) V6i gia tri nao ciia m thi phuong trinh ¢6 2 nghiém trai dau.
2) Tim m dé phuong trinh ¢6 2 nghiém x1, X, thoa mén diéu kién
X1 - X2 = 4.

Cau 4: Cho duong tron (O; R), duong kinh AB. Day BC = R. Tu B ke tiqé'p
tuyén Bx v6i duong tron. Tia AC cat Bx tai M. Goi E la trung diém
cua AC.

1) Ching minh tir gisc OBME ndi tiép duong tron.
2) Goi I 1a giao diém cua BE v6i OM. Ching minh: IB.IE = IM.10.
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CAau 5: Chox>0,y>0vax+y> 6. Tim gia tri nho nhat cua biéu thic :
P=3x+2y+ ® + §
Xy

PE SO 12

Cau 1: Tinh gon biéu thic:

1) A= /20 - /45 + 318 + /72.

a++a a-+fa
2)B=|1+ 1+
Ja+1 1-va
Cau 2: 1) Cho ham s6 y = ax?, biét d6 thi ham s di qua diém A-(- 2 ; -12).
Tim a.
2) Cho phuong trinh:  x% + 2 (m + 1)x + m? = 0..(1)
a. Giai phuong trinh véim=5
b. Tim m d¢ phuong trinh (1) ¢6 2 nghi¢m phan biét, trong d6 c6
1 nghi¢m bang - 2.
Cau 3: Mot thira rudng hinh chit nhat, néu, ting chiéu dai thém 2m, chiéu
rong thém 3m thi dién tich ting thém 200m’. Néu gidm cd chidu dai va
chiéu rong di 2m thi dién tich giam'di 68m?. Tinh dién tich thira rudng do.
Cau 4: Cho tam gidc ABC vudng ¢'A. Trén canh AC lay 1 diém M, dung
duong tron tam (O) c6 duong kinh MC. Puong thing BM cat duong tron
tam (O) tai D, duong thang AD cat duong tron tam (O) tai S.
1) Chtng minh.tir giac ABCD 1a tir giac ndi tiép va CA la tia phan
giac cua goc BCS.
2) Goi E'la giao diém‘ cta BC v6i duong tron (O). Ching minh cac
duong thang BA, EM, CD dong quy.
3) Chimg minh M 1a tam duong trdn ndi tiép tam giac ADE.
Cau 5: Giai phuong trinh.

VX2 -3x+2 +/x+3=x-2 +x* +2x-3

PE SO 13

]Véiazo,a;ﬁl.

Voia> 0,a#1,a#2

Cau 1: Cho biéu thic: P:{a\/a'l ava +1] Lat2

a-a a++a ) a-2
1) Rat gon P. 7
2) Tim gia tri nguyén cta a dé P co gia tri nguyén.
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Cau 2: 1) Cho duong thiang d c6 phuong trinh: ax + (2a-1)y+3=0
Tim a dé duong thang d di qua diém M (1, -1). Khi d6, hdy tim hé so goc
cua duong thang d.
2) Cho phuong trinh bac 2: (m - 1)x* - 2mx + m + 1 = 0.
a) Tim m, biét phuong trinh ¢ nghiém x = 0.
b) Xac dinh gid trj cua m dé phuong trinh ¢6 tich 2 nghiém bang 5,
tur @6 hdy tinh tong 2 nghiém ctia phuong trinh.
Cau 3: Giai h¢ phuong trinh:
4x + 7y =18
{3X -y=1
Cau 4: Cho AABC can tai A, 11a tam duong tron noi tiép, Kla tim dudng
tron bang tiép goc A, O la trung diém cua IK.
1) Chirng minh 4 diém B, I, C, K cling thudc mét duong tron tam O.
2) Chirng minh AC 14 tiép tuyén ctia dudng tron tam (O).
3) Tinh béan kinh caa duong tron (O), biét AB = AC,=20cm, BC = 24cm.
CAu 5: Giai phuong trinh: X2 + ~/x + 2010 =2010.

PE SO 14
Cau 1: Cho biéu thirc
Ix +1 2% 2 + 5x
= + +
Ix -2 Ix #2 4-x
1) Rat gon P:
2) Tim x d&.p =2.
Cau 2: Trong.mit phang, véi hé toa do Oxy, cho dudng thiang d c6 phuong
trinh:y=(m-1)x+n.
1)'Véi gia tri ndo cta m va n thi d song song vaéi truc Ox.
, 2) Xac dinh phuong trinh cia d, bict d di qua diém A(1; - 1) va c6 hé
S0 goc bang -3.
Cau 3: Cho phuong trinh: x* -2 (m-1)x-m-3=0 (1)
1) Giai phuong trinh véi m = -3
2) Tim m d phuong trinh (1) ¢6 2 nghiém thoa mén hé thie x? + x2 = 10.

P Voix >0, x £4.

3) Tim h¢ thire 1ién hé gitra cac nghiém khong phu thudc gia tri ciia m.
Cau 4: Cho tam giac ABC vuong ¢ A (AB > AC), duong cao AH. Trén nira

mat phang bo BC chira di€ém A, v& nira duong tron duong kinh BH cat

AB tai E, nira duong tron duong kinh HC cat AC tai F. Ching minh:

1) Tw giac AFHE la hinh chir nhat.
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2) T giac BEFC 1a tir gidc noi tiép duong tron.
3) EF latiép tuyén chung cta 2 nira dudng tron dudng kinh BH va HC.
Cau 5: Céc sb thuc x, a, b, ¢ thay d6i, thoa man hé:
Xx+a+hb+c=7 (¢D)]
{xz +a’+b>+c*=13 (2)
Tim gié tri 16n nhét va gia tri nho nhat cia x.

PE SO 15

x R ]( ! + 2] voi x>0, x#1
Ix -1 x-x ) W+l x-1 T
a) Rat gon M.
b) Tim x sao cho M > 0.
Céau 2: Cho phuong trinh X% - 2mx - 1 = 0 (m la tham s6)
a) Chirng minh rang phuong trinh 1uén c6 hai nghiém phan biét.
b) Goi x1, X2 la hai nghiém cuaiphweng trinh trén.

Cau 1: ChoM:{

Timmdé x> +x2 - X% =7

Cau 3: Mot doan xe ché 480 tan-hang. Khi sip khoi hanh c6 thém 3 xe nira
nén mdi xe chd it hon 8 tan. Hoi luc dau doan xe c6 bao nhiéu chiéc,
biét rang cac xe chd khoi lugng hang bang nhau.

Cau 4: Cho duong tron (0) duong kiinh AB = 2R. Piém M thudc dudng
tron sao cho MA < MB. Tiep tuyen tai B va M cat nhau ¢ N, MN cat
AB tai K, tia MO cat tia NB tai H.

a) T gidc OAMN la hinh gi ?
b) Chung minh KH // MB.
Cau 5: Tim)x, y thoa min 5x - 24/x (2 +y) +y? + 1 =0.

PE SO 16

Cau 1: Cho biéu thirc: K= % - Voix >0 va X#1

x -1 x-+x
1) R0t gon biéu thic K
2) Tim gié trj cta biéu thirc K tai x =4 +2/3

Cau 2: 1) Trong mét phang toa do Oxy, duong thing y = ax + b di qua diém
M (-1; 2) va song song Va6i duong thang y=3x + 1. Tim hé so6 a va b.
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2) Giai hé phuong trinh: {BX +2y=6
X-3y=2

Cau 3: Mot doi xe nhan van chuyén 96 tan hang. Nhung khi sap khoi hanh
c6 thém 3 xe nita, nén mdi xe ché it hon lac dau 1,6 tan hang. Hoi lic dau
doi xe c6 bao nhiéu chiéc.
CAu 4: Cho duong tron (O) véi day BC ¢b dinh va mot diém A thay doi
trén cung 16n BC sao cho AC > AB va AC> BC. Goi D Ia diém chinh gitta
cua cung nhé BC. Cac tiép tuyén cta (O) tai D va C cat nhau tai E. Goi P,
Q lan luot 13 giao diém cua cac cip duong thang AB v6i CD; AD véi CE.

1) Chtrng minh rang: DE//BC

2) Ching minh t&r gidc PACQ ndi tiép dudng tron.

3) Goi giao diém cua cac diy AD va BC la F. Chirng minh hé thic:

1 1 1
— = +

CE CQ CF
Cau 5: Cho céc s6 duong a, b, c. Chirng minh rang:
a b C

+ + <2
a+b b+c c+a

PE SO 17

Cau 1: Cho x; = \/3+\/§ VaXs = \/3-\/3

Hay tinh: A=x; . %; B=x2 +x2
Céau 2: Cho phuong trinh 4n x: x*- (2m+ 1) x + m?+5m =0
a) Giai phuong trinh véi m = -2,
i b) Tim m dé phuong trinh ¢6 hai nghiém sao cho tich cac nghiém
bang 6.
Céau 3: Cho hai duong thing (d): y=-x+m+2va(d):y=(m’-2)x+1
a) Khi m = -2, hay tim toa d6 giao diém ciia ching.
b) Tim m dé (d) song song v&i (d*)
Cau 4: Cho 3 diém A, B, C thang hang (B nam giita A va C). V& duong
tron tm O duong kinh BC; AT 1a tiép tuyen vé tr A. Tu tiép dlem T vé
duong thang vudng goc véi BC, dudng thang ndy cat BC tai H va cat duong
tron tai K (K= T). bat OB =R.
a) Chirng minh OH.OA = R?.
b) Chirng minh TB 1a phén giac cua goc ATH.
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c) Tu B v€ duong thang song song voi TC. Goi D, E 1an luot 14 glao
diém cia duong thiang vira vé véi TK va TA. Chirng minh rang
ATED can.

HB _ AB

d) Chirng minh — = —
HC AC

Cau 5: Cho x, y la hai s6 thuc thoa man: (x + y)* + 7(x +y) + y* + 10 =0
Tim gi4 tri 16n nhat va gia tri nho nhét cta biéu thic A= X +y +1

PE SO 18
Cau 1. RUt gon c4c biéu thi:
1) /45 +20 5.
2) x+\/;+ X—4
Ix o Jx+2
Cau 2: Mot thira vuon hinh chir nhat ¢6 chu vibang 72m. Néu ting chiéu
rong 18n gap doi va chieu dai lén gap'ba thi chu vi cta thira vuon
méi 1a 194m. Hay tim dién tich ctia thira vuon da cho luc ban dau.
Cau 3: Cho phuong trinh: X% 4x +m +1 = 0~ (1)
1) Giai phuong trinh (1) khim =2.
2) Tim gia tri cia m dé phuong trinh (1) c6 2 nghiém x;, X, thoa
man dang thirc X2 ¥ x3=5 (X1 + X2)

Voix > 0.

CAu 4: Cho 2 dudng tron (O) va. (O') cit nhau tai hai diém A, B phan biét.
Puong thing OA cit.(0), (O)lan luot tai diém tht hai C, D. Pudng
thang O’ A cit (0),;(0’) lan luot tai diém thir hai E, F.

1. Chéng'minh3 duong thing AB, CE va DF dong quy tai mot diém L.
2. Chung.minh tu giac BEIF ndi tiép duoc trong mot dudng tron.

3...Cho PQ Ia tiép tuyén chung cta (0) va (O') (P € (0), Q € (0")).
Chang minh duong thing AB di qua trung diém cua doan thang PQ.

A . o1 1
Céu 5: Giai phuong trinh: — + =2
X y2-x*
PE SO 19

5+75 11+J_ 55 5
J5 1+f 5++/55
a) RUt gon biéu thirc A.

b) Chirng minh: A-B =7.

Cau 1: Cho cac biéu thirc A =
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3X+my=5
Cau 2: Cho hé phuong trinh { y
mx-y=1

a) Giai hé¢ khim=2

b) Chtrng minh hé c6 nghiém duy nhat véi moi m.
Cau 3: Mot tam giac vudng c6 canh huyén dai 10m. Hai canh goc vudng
hon kém nhau 2m. Tinh cac canh géc vudng.
Cau 4: Cho nura duong tron (O) duong kinh AB, DPiém M thudc nura duong
tron, diém C thudc doan OA. Trén nira mat phang bo la duong thang AB
chira diem M Ve tiep tuyen Ax, By. Duong thang qua M vudng gac véi MC
cat Ax, By lan luot tai P va Q; AM cat CP tai E, BM cat CQ tai.F.

a) Ching minh t& gidac APMC ndi tiép dudng tron.

b) Chérng minh géc PCQ = 90°.

c¢) Chung minh AB // EF.

. N : y Y H2x + 2
Cau 5: Tim gia tri nho nhat cta bi€u thace: /P.= %
X
PE SO 20
Cau 1: RUt gon cac biéu thirc :
2

2
\/3-2 \/§+2

b)B:(\/;- \/1;] : {%H iﬂj;] Véi x>0, x =1,

Cau 2: Cho phuong trinh x> - (m+5)x-m+6=0 (1)
a).Giai phuong trinh véi m= 1
b) Tim céc gia tri ciia m dé phuong trinh (1) c6 mdt nghiém x = - 2
c) Tim cac gia tri cia m dé phuong trinh (1) c6 nghiém xi, X, thoa
man x2x, + x,x2 =24
Cau 3: Mot phong hop co 360 chd ngdi va duge chia thanh cac day c6 sd
chd ngoi biang nhau. néu thém cho mdi déy 4 chd ngdi va bét di 3 day
thi s6 chd ngdi trong phong khong thay d6i. Hoi ban dau sé chd ngdi
trong phong hop duoc chia thanh bao nhiéu day.
Cau 4: Cho duong tron (O,R) va mot diém S ¢ ngoai dudng tron. V& hai
tiép tuyén SA, SB (A, B la cac tiép diém). V& duong thang a di qua
S va cat duong tron (O) tai M va N, v6i M ndm gifra S va N (duong
thang a khong di qua tam O).

a)A=
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a) Chirng minh: SO 1 AB
b) Goi H I giao diém ctia SO va AB; goi I 1a trung diém cia MN.
Hai duong thang Ol va AB cit nhau tai E. Chimg minh rang THSE la
tur giac noi tiep duong tron.
c) Chung minh OL.OE = R%
Cau 5: Tim m dé phuong trinh an x sau ddy c6 ba nghiém phan biét:
x3-2mx% + (m? + 1) x-m=0 (1).

PE SO 21

2
J5-1
X—-y=4
2x+3=0"

Cau 1. 1) Truc cin thirc & miu sd

2) Giai hé phuong trinh : {

Cau 2. Cho haiham sb: y=x? va y = x+2

1) V& d6 thi cta hai ham s6 ndy'trén'cling mot hé truc Oxy.

2) Tim toa do cac giao diém M;N cua hai do thi trén bang phép tinh.
Cau 3. Cho phuong trinh 2x* +(2m~1)x+ m—-1=0 véi m Ia tham sé.

1) Giai phuong trinh’khi m = 2.

2) Tim m dé phuongtrinh c6 hai nghiém x,, x, thoa mén

A2 +2X, X, +4X; =1.

CAu 4. Cho dudng tron (O) c6 dudng kinh AB va diém C thudc dudng tron

do (C khde A", B ). Ly diém D thuoc day BC (D khac B, C). Tia AD cit
cung nh¢'BC tai diém E, tia AC cat tia BE tai diém F.

1) Chang minh ring FCDE 1a tir gidc ndi tiép duong tron.
2) Chirng minh rang DA.DE = DB.DC.

_ 3) Goil la thm dudng trdn ngoai tiép tir gidkc FCDE, chimg minh
rang IC 1a tiep tuyen

cua duong tron (O) .
4x+9
28

CAu 5. Tim nghiém duong ctia phuong trinh:  7x* +7x =
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PE SO 22

Céau 1: 1) Giai phuong trinh: x* - 2x - 15=0
2) Trong hé truc toa do Oxy, biét duong thang y = ax - 1 di qua
diém M (- 1; 1). Tim hé s6 a.

Cau 2: Cho biéu thirc: P = (

Ja_ 1 ](a—\/a_ a++a
2 2Ja)+a+1 a-1
1) R0t gon biéu thic P
2) TimadéP>-2
Cau 3: Thang giéng hai t6 san xuat duoc 900 chi tiét may; thang hai do cai
tién k¥ thuat t6 I vuot muc 15% va to 11 vugt mirc 10% so, voi thang g1eng,

vi vy hai t6 da san xuat duoc 1010 chi tiét may.-Hoi thang giéng mdi t6
san xuit dugc bao nhiéu chi tiét may?

Cau 4: Cho diém C thudc doan thaing AB. Trén cling mdt nira mp bd AB
VE hai tia Ax, By vudng géc v6i AB. Trén'tia Ax lay mét di€m I, tia vudng
go6c vai CI tai C cat tia By tai K . Puong tron duong kinh IC cat IK tai P.

1) Chirng minh t&r gidc CPKB ndi tiép dudng tron.
2) Ching minh rang AI.BK = AC.BC.
3) Tinh APB.
Cau 5: Tim nghiém nguyén ctia phuong trinh > + px+q=0 biét p +q=198.

]véia>0,a¢1

PE SO 23

Cau 1.
1) Tinhgia tri coa A = (@—3\/§+@)\/§.
2) Giai phuong trinh 4x* +7x* -2 =0.
Cau 2.
1) Timm dé duong thang y = —3x+ 6 va dudng thang y :gx —2m+1 cit

nhau tai mot diém nam trén truc hoanh.
_ 2) Mot manh dat hinh chit nhat c6 d6 dai dudng chéo 1a 13m va
chiéu dai I16n hon chiéu rong 7m. Tinh dién tich ctia hinh ch@ nhat do.
Cau 3. Cho phuong trinh x> —2x+m—-3=0 v&i m la tham sé.
1) Giai phuong trinh khi m = 3.
2) Tim gia tri cia m dé phuong trinh trén c6 hai nghiém phan biét
X,, X, thoa man diéu kién: x2 —2x, +X,X, = —12.
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Cau 4. Cho hai duong tron (O, R) va (O’, R’) v6i R > R’ cit nhau tai A va
B. K¢ tiép tuyén chung DE ciia hai dudng tron véi D e (O) VA E e (07) sao
cho B gan ti¢p tuyén do hon so véi A.

1) Ching minh ring DAB = BDE .

2) Tia AB cit DE tai M. Ching minh M 1a trung diém cua DE.

3) buong thang EB cat DA tai P, duong thang DB cit AE tai Q.
Chirng minh rang PQ song song véi AB.

A N , e,y . 2 4x +3 . X A A
Céu 5. Timcac gla trl x dé 7 la so nguyen am.
X +1

PE SO 24
Céu 1. Rat gon:
1) A= (1-5)- Jgj;
ox (0 x=x )
2)8—( 1+\/_]( - \/_] Vol 0<x #1.

Cau 2. Cho phuong trinh x* +(3—m)x+ 2(m—5)=0 véi m la tham sé.

1) Chtmg minh rang v&i moi gia tri cia m phuong trinh ludn ¢
nghiém x=2.

2) Tim gia tri cia-m déphuong trinh trén c6 nghiém x =5-2+/2.
Cau 3. Mot xe 6 t6 can chay quing duong 80km trong thoi gian d4 dy dinh.
Vi troi mua nén'mot phan tu quing dudng dau xe phai chay cham hon van
téc du dinh 12 15km/h nén quang dudng con lai xe phai chay nhanh hon van
téc du dinh 12.10km/h. Tinh thoi gian du dinh cta xe 6 t6 do.
Cau 4. Cho nua dudng tron tam O duong kinh AB. Lay dlém C thudc ntra
dudng tfon va diém D nam trén doan OA. V& cac tiép tuyen Ax, By cua nura

duong tron. Duong thang qua C, vudng goc véi CD cit cit tiép tuyén AXx,
By lan Twot tai M va N.

1) Chtrng minh c4c tt giac ADCM va BDCN noi tiép dugc dudng tron.
2) Chitng minh ring MDN =90°.
3) Goi P la giao diém cua AC va DM, Q la giao diém ctia BC va DN.
Chirng minh rang PQ song song véi AB.
Cau 5. Cho cac s6 duong a, b, c. Chirng minh bat dang thirc:
a+b b+c c+a ( a b c ]
+ + >4 + .

+
c a b b+c c+a a+b
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PE SO 25

Cau 1. Cho biéu thirc A = \/; - 1 :( 1 + 2 ]véria>0,a¢1
Ix =1 x=x ) Wx+1 x-1

1) R0t gon biéu thirc A.

2) Tinh gia tri cia A khi x =22 +3.
Cau 2. Cho phuong trinh x? +ax+b+1=0 voi a,b la tham sb.

1) Giai phuong trinh khi a=3 va b=-5

2) Tim gia tri cua a,b dé phuong trinh trén ¢ hai nghiém phan biét
X, —X, =3

3

X,, X, thoa man diéu kién: { :
3
X, —X, =9

Cau 3. Mot chiéc thuyén chay xudi dong tir bén song, A dén bén song B
cach nhau 24km. Cung lic do, tir A mot chiéc b& troi vé B vé6i van toc dong

nuée 12 4 km/h. Khi vé dén B thi chiéc thuyen quay lai ngay va gap chiéc
bé tai dia diém C cach A 12 8km. Tinh van toe.thuc cua chiée thuyén.

Cau 4. Cho duong trong (O, R) va dudng thang d khoéng qua O cat duodng tron
tai hai diém A, B. Ly mot diém M tréntia doi'cua tia BA keé hai tiép tuyén MC,
MD véi dudng tron (C, D Ia cac tiép diém). Goi H 1a trung diém ctia AB.

1) Chtrng minh rang cac diem'M; D, O, H cling nam trén mot dudng tron.

2) boan OM cit duong tron tai I. Chimg minh rang I 13 tAm dudng tron
noi tiep tam giac MCD.

3) Pudng thang qua-O, vuong goc voi OM cit cac tia MC, MD thi tu tai P
va Q. Tim vi tri ctia diém M trén d sao cho dién tich tam giac MPQ bé nhit.

Cau 5. Cho cac s6.thuc duong a, b, ¢ thoa mén a+b+c_%.
c

a
Tim gid tri nho nhét cta biéu thic P = (a+b)(a+c).

PE SO 26
Cau 1: 1) Rt gon biéu thirc: t 1
' ' "2-J5 244

3X+y=9

2) Giai h¢ phuong trinh: { .
X-2y=-4
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CAau 2: Cho biéu thic P = (

! - ! ]: \/; Vo1 x > 0.
X+~ x+1) x+2U0x+1
1) R0t gon biéu thic P.

2) Tim céc gié tri ciia x dé P > %

Céau 3: Cho phuong trinh 4n x: x* = x +m=0 (1)

1) Giai phuong trinh d& cho véi m = 1.

2) Tim cac gia tri cia m dé phuong trinh (1) c6 hai nghiém. x1)-x;
thoa man: (Xixz — 1) = 9( Xy + X2 ).
Cau 4: Cho tir gite ABCD c6 hai dinh B va C ¢ trén nira dudng tt0n duong kinh
AD, tdm O. Hai duong chéo AC va BD cit nhau tai E. G¢i H, 1a hinh chiéu
vubng goc cia E xuéng AD va 1 la trung di€ém cta DE..Chimg minh rang:

1) Céc tir giac ABEH, DCEH ngi tiép dugc dudng tron.

2) E 1a tam dudng tron ndi tiép tam giac BCH,

2) Nam diém B, C, I, O, H cling thuoe.mot dudng tron.

Cau 5: Giai phuong trinh: (v/x + 8~ VX 3)(\/x2 +11x + 24 +1) _5.

DE. SO 27

Cau 1: R{t gon cac biéu thicsau:

1) A= %@_@%m—s

_ 5-/5 5++/5
e ~(i0)(2-55)

A N . 2x-y=1-2y
Céau 2: 1) Giai h¢ phuong trinh:
3X+y=3-X
2) Goi x1, X, la hai nghiém cta phuong trinh: x> —x — 3 = 0.
Tinh gi4 tri biéu thirc P = 1.2
Xl X2
Cau 3. Mot xe ltra di tir Hué ra HA Noi. Sau d6 1 gio 40 phit, mot xe lta
khac di tir Ha Noi vao Hué véi van toc 16n hon vén tde cua xe Itra thir nhat
la 5 km/h. Hai xe gap nhau tai mot ga cich Ha N¢i 300 km. Tim van toc cua
moi xe, gia thiét rang quang duong sat Hué-Ha Noi dai 645km.
Cau 4. Cho nira duong tron tm O dudng kinh AB. C la mot diém ndm gitta
O va A. Puong thang vuéng goc véi AB tai C cat nira duwong tron trén tai 1.
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K 1a mot diém bat ky nam trén doan thang CI (K khac C va I), tia AK cat
nira duong tron (O) tai M, tia BM cit tia CI tai D. Chirng minh:

1) ACMD la tir gidc ndi tiép dudng tron.

2) AABD ~ AMBC

3) Tam dudng trdn ngoai tiép tam gidc AKD nam trén mot duong
thang ¢ dinh khi K di dong trén doan thang CI.

Cau 5: Cho hai s6 duong x, y thoa mén diéu kién x + y = 1.
1 +i
x> +y®  xy

Hay tim gid tri nho nhat cta biéu thirc: A =

PE SO 28

. . 2Xx+y=7
Céu 1: 1) Giai h¢ phuong trinh: { y
X-3y=-7
2) Goi x1, X2 la hai nghiém cta phuong trinh:8x% — x — 2 = 0.

Tinh gi4 tri biéu thirc P = x1° + Xo°.

i \a ] Ja-
Ja+lia++/a)
1) R0t gon biéu thirc A.
2) Tim céc gié tri ciaa déA < 0.
Céau 3: Cho phuong trinh anx: “x* - 2mx - 1 =0 (1)
1) Chang minh ring phuong trinh d cho ludn c6 hai nghiém phan
biét x; va xo.
2) TIMCAC-gia tri ciia m dé: x;° + Xo? — X X2 = 7.
Cau 4: Cho nira duong tron tam O duong kinh AB = 2R va tia tiép tuyen
AX Cung phia véi nira duong tron d6i voi AB. Tur diém M tren Ax keé tiép

tuyén thir hai MC véi nira duong tron (C la tiép diém). AC cat OM tai E;
MB cat nira dwong tron (O) tai D (D khac B).

1) Ching minh: AMDE 14 tir giac ndi tiép duong tron.
2) MA? = MD.MB

3) V& CH vuong goc voi AB (H e AB). Chiing minh rang MB di
qua trung diém cua CH.

Cau 5: Giai phuong trinh: £+‘/X 21 =X+ ,[2x - >
X X X
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PE SO 29

CAu 1: a) Cho duong thing d c6 phuong trinh: y =mx+2m—4. Tim m dé
d thi ham s6 di qua gbc toa do.
b) Véi nhitng gia tri ndo ciia m thi d6 thi ham sé y =(m? —m)x? di
qua dieém A(-1; 2).
Cau 2: Cho biéu thuc P = ( ! + ! ](1—1] véia>0vaa # 9.
Ja-3 Ja+3 Ja

a) Rt gon biéu thic P

b) Tim cac gia triciaa dé P > %

Cau 3: Hai nguoi cung lam chung mot cong viée thi hoan thanh trong 4 gio.
N€u moi nguoi lam riéng, d€ hoan thanh cong.vi¢c thi thoi gian ngudi thir
nhat it hon thoi gian nguoi thir hai 1a 6 gio. Hoi néu lam riéng thi moi nguoi
phai 1am trong bao 1au dé hoan thanh cong viéc.
Cau 4: Cho nira duong tron duong kinh, BC’= 2R. Tir diém A trén nua
duong tron vé AH 1 BC. Nira duong tron duong kinh BH, CH lan luot c6
tam Oq; O, cat AB, AC thur tu tai D va E.

a) Ching minh t&r gisc ADHE.1a hinh chir nhat, tir 46 tinh DE biét R =
25vaBH =10

b) Chtrng minh tir giac BDEC ndi tiép dudng tron.

~ ¢) Xac dinh vj trf diém A"d¢ dién tich tir giac DEO,O; dat gid tri 16n

nhat. Tinh gia tri d6.
Céau 5: Giai phueng trinh: x° + x% - x = -

Wl

PE SO 30

Cau 1. 1) Giai phuong trinh: ~ +/3x+/75 =0.
. . 3x-2y=1
2) Giai h¢ phuong trinh { y .
2X+y=-4
Cau 2. Cho phuong trinh 2x* —(m+3)x+m =0 (1) véi m Ia tham sé.

1) Giai phuong trinh khi m = 2.
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2) Chuang té phuong trinh (1) ¢6 nghiém v6i moi gia tri cia m. Goi
X, X, 1a cac nghiém cuia phuong trinh (1). Tim gi4 tri nho nhat cia biéu
thire sau: A =[x, — X,|.
Cau 3.
9Ja—+/25a ++/4a° .

> vo1r a>0.

a‘+2a

2) Khoang céach giira hai bén song A va B 1a 48 km. Mot cand xudi
dong tir bén A dén ben B, roi quay lai bén A. Thoi gian ca di va ve 1a 5 gio
(khong tinh thoi gian nghi). Tinh van toc cla cand trong nude yén lang, bict
rang van toc cua dong nudce 1a 4 km/h.

Cau 4. Cho tam gidc vudng ABC ndi tiép trong dudng tron tdm O dudng
kinh AB. Trén tia doi cua tia CA lay diém D sao cho CD = AC.

1) Chtirng minh tam giac ABD can.

1) Rt gon biéu thic P =

2) DBuong th'flng vudng goc voi AC taiA cit duong tron (O) tai E
(E#A). Tén tia ddi cua tia EA ldy diém F sao cho EF = AE. Ching minh
rang ba diém D, B, F cung nam trén mot dudng thang.

3) Chirg minh rang dudng tron di.qua ba diém A, D, F tiép xtc véi
duong tron (O).

CAu 5. Cho cac s duong a,b,c. Chirng minh bt dang thuc:

fis e e
+ + > 2.
b+c c+a a+b

PE SO 31

Céau 1: Tinh:
a) A=+20-3/18-/45 +/72.
b) B:\/4+\/7+\/4—\/7.
C) C:\/x+2\/E+\/x—2\/m voix>1

Cau 2: Cho hamsé y=(2m- 1)x-m+ 2
a) Tim m dé ham s nghich bién trén R.
b) Tim m dé do thi ham sé di qua A (1; 2)
Cau 3: Hai nguoi tho ciing lam céng viéce trong 16 gio thi xong. Néu nguoi

thi nhat 1am 3 gio, ngudi thi hai 1am 6 gio thi ho lam dugc % cbng viéc.

Hoi mdi ngudi 1am mat minh thi trong bao 1au lam xong cong viéc?
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Cau 4: Cho ba diém A, B, C ¢b dinh thang hang theo tha tu d6. V& dudng
tron (O; R) bat ky di qua B va C (BC# 2R). Tir A ké cac tiép tuyén AM, AN
dén (0) (M, N 1a tiép diém). Goi I, K lan luot 1a trung diém ctia BC va MN;
MN cit BC tai D. Chtrng minh:

a) AM? = AB.AC
b) AMON; AMOI la céc tir gidc noi tiép duong tron.

¢) Khi dudng tron (O) thay doi, tim dudng tron ngoai tiép AOID ludn
thuoc mot duong thang co dinh.

Cau 5: Tim cac sd nguyén X, y thoa man phuong trinh: (2x +1)y = x+1.
PE SO 32

Cau 1: 1) Rt gon biéu thic:P = (v7 +4/3-2)(7 -X3+2).
2) Trong mp toa do Oxy, tim m dé duong thang (d): y=(m? -1)x+1

song song véi duong thang (d'): y=3x+m—1.
Cau 2: Cho phuong trinh x* + 2m+ 1) x+m?+1=0 1)

a) Giai phuong trinh (1) khim=1

b) Tim m dé phuong trinh (1) ¢6 2 nghiém am.
Cau 3: Cho a, b la cac sb duong thoa man ab = 1. Tim gia tri nho nhit cua

4

a+b

biéu thic: A= (@+b+1)(a2+bd) +

Cau 4: Qua diém A cho trudc nam ngoai duong trdn (O) V& 2 tiép tuyén
AB, AC (B;C Ia cac tiép diém), ldy diém M trén cung nho BC, vé MH L
BC; MI'4 AC; MK L AB.
a) Chirng minh céc t& giac: BHMK, CHMI noi tiép duong tron.
b) Chtrng minh MH? = MI.MK
¢) Qua M V& tiép tuyén vai dudng tron (O) cat AB, AC tai P, Q. Chimg
minh chu vi A APQ khdng phu thudc vao vi tri diém M.
A Lz . . x> -2y =a (1)
Cau 5: Chirng minh néu |a|>2 thi h¢ phuong trinh: { ,
X +y =1 (2)

nghi¢m.

https://www.facebook.com/quocbaol53 Page 23



Lé Quoc Bao http://www.yeutienganh123.com

DE SO 33
—Xx+3y=-10
Céau 1: a) Giai hé phuong trinh: { Xy .
2x+y =-1

b) Vi gid tri ndo ctia m thi ham s6 y = (m + 2) x - 3 dong bién trén tap

xac dinh.

Cau 2: Cho biéu thuc A = 2*/_ ! 2Ja VGi
a+1)|Va+1l aJa+va+a+l

a>0,a#1

a) RUt gon biéu thic A.
b) Tinh gia tri cia A khia=2011-2+/2010 .
Cau 3: Cho phuong trinh: k (x* - 4x + 3) + 2(x - 1) = 0.

a) Giai phuong trinh véi k = - % .

b) Chtrng minh ring phuong trinh luén'co nghiem v&i moi gia tri cua k.
Cau 4: Cho hai duong tron (O; R) va, (O’; R’) tiép xtic ngodi tai A. V& tiép
tuyén chung ngodi BC (B C thi ty 1a cac tiép'diém thudc (O; R) va (O”; R)).

a) Chung minh BAC =90°.

b) Tinh BC theo R, R’.

¢) Goi D 1a giao diém ciia duong thang AC va duong tron (0) (D= A),
V& tiép tuyén DE v6i dudngitron(O’) (E € (0O”)). Chirng minh BD = DE.
Céau 5: Cho hai phuong trinh: X + a;x + by =0 (1) , X*+axx+b, =0 (2)
Cho biét aja; > 2 (b +b,) . Ching minh it nhat mét trong hai phuong trinh
da cho c6 nghiém. o

DE SO 34

CAU'1-'Rit gon biéu thite: P = /(Va-1+1)? +y/(a-1-1)% véi a>1
2

Nx 1 ) (x+1 x-1

2 2Ux ) Wx-1 Jx+1)

1) Tim tat ca cac gia trj cua x dé Q c6 nghia. Rat gon Q.

2) Tim tit ca cac gié tri ctia x 4 Q = - 34/x - 3.

Céau 3: Cho phuong trinh X2 + 2 (m - 1) |X| +m+ 1 =0 Véimlatham sd.

Cau 2: Cho biéu thic: Q= (

Tim tat ca cac gia tri cia m dé phuong trinh ¢ dung 2 nghiém phan biét.

https://www.facebook.com/quocbaol53 Page 24



Lé Quoc Bao http://www.yeutienganh123.com

Cau 4: Giai phuong trinh: vV3x2 —6x+19 +x2 —2x+26 =8- X% + 2X..
Cau 5: Cho dudng tron (O), duong kinh AB, dj, d la céc cac duong th'flpg
lan luot qua A, B va cung vudng goc véi duong thang AB. M, N 1a cac diém
lin luot thude di, dp sa0 cho MON = 90°.

1) Chtrng minh duong thang MN 1a tiép tuyén cua duong tron (O).

2
2) Chirng minh AM . AN = AB .

3) Xéc dinh vi tri ciia M, N dé dién tich tam giac MON dat gié tri nhé nhat.
PE SO 35

[y2
(ﬁutRmmmA=—ii@Eg\wix¢%.
X+3
Cau 2: a) Giai phuong trinh Vx> —2x+4 £2.
b) Viét phuong trinh dudng thang (d).di qua 2 diém A(1; 2) va B(2; 0).
Céau 3: Cho phuong trinh: (x* - X - m)(x=- 1):= 0 (1)
a) Giai phuong trinh khi m = 2,
b) Tim m d€ phuong trinh co.ding 2 nghi¢ém phan bigt.
Cau 4: Tu diém M ¢ ngoai dudng tron (O; R) V€ hai tiep tuyen MA, MB
(tiep diem A; B) va cat tuyen cat duong tron tai 2 diém C va D khong di qua
0. Goil 1a trung diém cua CD.
a) Chung minh 5 diém M, A, 1, O, B clng thudc mot dudng tron.
b) Chirng minh IM:1a phén giac cua AIB.
. . . x*+yt=1
Céu 5: Giai hé phuong trinh: .
X} +y' =x"+y°

PE SO 36

Cau 1: a) Tinh \/(L++/5)? ++/1—+/5)? .

b) Giai phuong trinh: x* + 2x - 24 = 0.
2Ja  Ja+l 3+7a
J5+3+J5—3+ 9-a

Cau 2: Cho biéu thuc: P =

vodia>0,a % 9.

a) Rut gon.
b) TimadéP<1.
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Céau 3: Cho phuong trinh: X* -5x* +m=0 (1)
a) Giai phuong trinh khim = 4.
b) Tim m dé phuong trinh (1) c6 ding 2 nghiém phéan biét.

Cau 4: Cho duong tron (O), tir diém A ngoai duong tron vé duong thang
AO cit duong tron (O) tai B, C (AB < AC). Qua A vé dudng thang khong
di qua (O) cit duong tron (O) tai D; E (AD < AE). Duong thang vudng goc
v6i AB tai A cét duong thang CE tai F.

a) Ching minh t&r giac ABEF noi tiép dudng tron.

b) Goi M 14 giao diém thtr hai cia FB véi duong tron (O), chimg minh
DM L AC.

c) Ching minh: CE . CF + AD . AE = AC?.

A N < N 2 1 .
Cau 5: Tim gia tri nho nhat cia hamso: y= —+—, voi0<x <1
X

1-x
PE SO.37
x2—x  x2+alx

Cau 1: Cho biéu thirc: M = +X+1

X+/X +1 X— \/;+1

RUt gon biéu thirc M véi x > 0.

. . 3x—-5y=-18
Cau 2: a) Giai h¢ phuong trinh: { y
X+2y=5
b) Trong mat phang toa-do-Oxy, v4i gid tri ndo cua a, b thi duong thing

(d):y=ax +2- b vaduong thing (d’): y= (3 - a)x + b song song véi nhau.
Céau 3: Cho phuong trinh: X - 2x+m=0 (1)

a) Giai phuong trinh khim = - 3.

b) TIm m'dé phuong trinh (1) ¢ 2 nghiém x3, X2 thoa méan: i+ L =1

Xl X2

C&U4: Cho A ABC c6 3 goc nhon, tryc tam 1a H va noi tiép duong tron (O).
V¢ duong kinh AK.

a) Chirng minh t&r giac BHCK 1a hinh hinh hanh.

b) Vé OM L BC (M e BC). Chiang minh H, M, K thang hang va
AH =2.0M.

c) Goi A’, B’, C” la chan cac duong cao thugf)c cac gaqh BC, CA, AB
cuaAABC. Khi BC ¢6 dinh h§1y Xac dinh vi tri diém A dé tong S = A’B’ +
B’C’ + C’A’ dat gia tri 16n nhat.

X*+x+1

Cau 5: Tim gid tri nho nhat cia bicu thic: y= —————.
X +2X+2
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PE SO 38
Cau 1: Cho bidu thire: p— X VX g 2XHVX o
X—+/X+1 \/;
a) R0t goi biéu thirc P.
b) Timx dé P = 0.
Cau 2: a) Giai phuong trinh: X + v/1-x* =1
6X +6Yy =5xy
b) Giai hé phuong trinh: 4 3 _1
Xy
Céau 3: Cho phuong trinh: X% - 2(m - 1)x + m + 1= 0. (1)

a) Giai phuong trinh khim = - 1.
b) Tim m dé phuong trinh (1) ¢6 2 nghiém x;, X, thoa mén L + 22 =4
X2 Xl
Cau 4: AABC can tai A. V& dudng trdn (©; R) tiép xuc véi AB, AC tai B, C.
Puong thing qua diém M trén BC vudng.gde.véi OM cit tia AB, AC tai D, E.
a) Chirng minh 4 diém O, B, D, M cling thuéc mdt dudng tron.
b) MD = ME.

Céau 5: Giai phuong trinh; X3+ 3%+ 1 = (x + 3)Vx? +1

PE SO 39
Cau 1:
1) Tinh#./48 - 24/75 +/108
, . , 1 1 1 I >
2)'RUt gon biéu thirc: P= (_ _J ) (1_J Véix#1vax>0
1-Jx 1+x Jx
Cal2:.1) Trén hé truc toa do Oxy, duong thing y = ax + b di qua 2 diém M
(3;2) vaN (4; -1).
Timhé sé avab.
2) Giai hé phuong trinh: {ZX toy=T
3X-y=2
Céau 3: Cho phuong trinh: X* - 2mx-6m =0 (1)
1). Giai phuong trinh (1) khi m=2
2) Timm dé phuong trinh (1) ¢6 1 nghiém gap 2 lan nghiém kia.
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Cau 4: Cho dudng tron (O), duong kinh AB ¢6 dinh, diém I nam gitta A va O
sao cho Al = gAO. Ké day MN vudng goc voi AB tai I, goi C 13 diém tly y
thudc cung 16n MN sao cho C khong triing véi M, N va B. N6i AC cit MN tai E.

1) Ching minh tir giac IECB ndi tiép .

2) Chirng minh hé thirc: AM? = AE.AC.

3) Hay xac dinh vi tri ciia diém C sao cho khoang cach tir N dén tam

duong tron ngoai ti€p tam giac CME 1a nho nhat.
Cau 5: Cho x vay la hai sb thoa man dong thdi: x >0,y > 0, 2x + 3y.< 6
va2x+y <4,

Tim gié tri nho nhét va gia tri 1on nhat ciia biu thirc K = x*=2X-y.

PE SO 40

Cau 1. Trong hé truc toa dd Oxy, cho dudng thang d ¢6 phuong trinh: 3x + 4y = 2.
a) Tim hé s6 goc cuia duong thang d.
b) Véi gia tri nao cua tham s6 m thi duong thing di: y = (M? -1)x + m
song song vo1 duong thang d.
ax+hby=3

Cau 2. Tim a, b biét hé phuong trinh
bx —ay =11

X
c6 nghiém { .
y=-1
Cau 3. Cho phuong trinh: (1++/3)x? —2x+1-3=0 (1)
a) Chung t6 phuong trinh (1) lubn cd 2 nghiém phan biét.
b) Goi 2 nghiém ctia phuong trinh (1) la X, X,. Lap mdt phuong trinh
bac 2 c6 2 nghiém la 1 va 1 .
Xl X2
Cau 4. Bén trong hinh vuong ABCD V& tam gidc déu ABE . V& tia Bx
thugc nira. mdt phang chtra di€ém E, c6 bo 1a dudng thang AB sao cho Bx
vuodng.goc vai BE. Trén tia Bx lay diém F sao cho BF = BE.
a) Tinh sé do céac gbc cua tam gidc ADE.
b) Ching minh 3 di€ém: D, E, F thang hang. ’
¢) Buong tron tdm O ngoai ti€p tam giac AEB cat AD tai M. Chirng
minh ME // BF.
. Lo x®+2y* —4y+3=0 (1
CAu 5. Hai sé thuc x, y thoa man hé didukien: 4" > @
x*+x%y*=2y=0 (2

Tinh gia tri biéu thirc P = x* +y?.
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Il - DPE ON THI TUYEN SINH LOP 10 CHUYEN TOAN
PE SO 1

Cau 1: Giai cac phuong trinh:

a) (x2+xizj—4(x- ;)—9:0
b) (\/x+5—\/x+2)(1+\/x2+7x+ 10):3

Cau 2:
a) Cho 3 s a, b, ¢ khac 0 thoa mén: abc = 1 va
a b ¢ b & &
—3+—3+—3 =—F—4+—.
b® ¢ a a b ¢
Ching minh rang trong 3 s a, b, ¢ luén ton tai mot'sé 1a lap phuong cia
mot trong hai s6 con lai.

J87\/J87

b) Cho x= #1+T +3 1_T . Chimg minh x c6 gia tri 1a mot sb nguyén.

Cau 3: Cho cac sé duong x, y, z thoa min: X + y + z < 3.Tim gié tri 1on
nhat cua biéu thurc:

A= J1+x° +\/1+y2 #1472 +2(\/;+\/§+\/E).

Cau 4: Cho duong tron(.O; R )va diém A nim ngoai duong tron sao cho
OA = R+/2. Tir A v&cée tiép tuyén AB, AC véi dudng tron (B, C la cac
tiep di€ém). Lay D,thudc'AB; E thuc AC sao cho chu vi cua tam gidc ADE
bang 2R.

a) Chirng minh tir giac ABOC 1a hinh vudng.

b) Ching minh DE 1a tiép tuyén cua duong tron (O; R).

¢) Tim.gié tri 16n nhat cua dién tich AADE.
Cal5: Trén mit phang cho 99 diem phén biét sao cho tir 3 diém bat ki trong
s0 ching déu tim dugc 2 diém c6 khodng cach nhd hon 1. Ching minh rang
ton tai mot hinh tron c6 ban kinh bang 1 chira khong it hon 50 diém.

PE SO 2

Cau 1: a) Tim céc sb hitu ti x, y thoa man dang thuc:
X (~/2011++/2010) + y(+/2011—+/2010) = +/2011° ++/2010°
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b) Tim tat ca cac s6 nguyén x >y >z > 0 thoa man:
Xyz + Xy +yz+zx+x+y+z=2011

Céau 2: a) Giai phuong trinh: 20 + 2) = 5v/x% +1.
b) Choa, b, c e [0;2] vaa+b +c=3. Ching minh a? + b* + ¢* < 5.
Cau 3: Tim tét ca cac s hitu ti x sao cho gia tri ctia biéu thirc x> + X + 6 la
mot s6 chinh phuong.
CAu 4: Cho dudng tron (O) ngoai tiép A ABC c6 H la truc tim. Trén cung
nho BC liy diém M.
Goi N, L K lan Iuot 13 hinh chiéu cua M trén BC, CA, AB. Chirng/minh:
a) Ba diém K, N, I thang hang.
AB AC BC
b) + = :
MK Ml MN
¢) NK di qua trung diém cta HM.
Cau 5: Tim GTLN va GTNN cua biéu thire: P'=2x - Xy - Y* Véix, y thoa
man diéu kién sau:
X% + 2xy + 3y’ = 4,

PE.SO 3
Cau 1: a) Cho a, b, ¢ 1a 3 s6,tirng @6i mot khac nhau va thoa man:
a_ . b A 0

b-c c-a - a-b

a b c
+ + =0
(b-c)* (c-a)° (a-b)?

Ching minh rang;

b).Tinh gia tri ctia biéu thuc:

2 1
2 1+ +
= | Y2010° - 42010 | 1++2010 | \/ 12010 2010
1-4/2010 /2010 1+ /2010
Céu 2: a) Cho a, b, ¢ la d6 dai 3 canh tam giac, chirng minh:
1 N 1 N 1 < atb+c .
a’+bc  b*+ac c*+ab 2abc
b) Cho bidu thire: A = x - 2,/xy +3y - 24/x + 1. Tim gia tri nho nhat
cua A.
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Cau 3: a) Giai phuong trinh: 24X -1 + 35 - x = 24/13.
b) Cho ham s6 y = f(x) véi f(x) 1a mot biéu thirc dai s6 xac dinh voi
moi so thuc x khac
A s 1 .
khong. Biét rang: fx) + 3f(—] =x? V¥ x#0. Tinh gié tri cua f(2).
X
Cau 4: Cho lyc gidc déu ABCDEF. Goi M Ia trung diém cua EF, K 1
trung diém cua BD. Chung minh tam gidc AMK 1a tam giac déu.
Cau 5: Cho tir giac 10i ABCD c6 dién tich S va diém O nam trong tirgiac
sao0 cho:0A? + OB? + OC? + OD? = 2S. Chimg minh ABCD 1 hinh vuong
c6 tam la diém O.

DE SO 4
Céau 1: a) Cho x va y 1a 2 sé thuc thoa man x? +y? = 4. Tim gia tri 16n nhét
Cita biéu thirc : A=
X+y+2
b) Cho X, y, z 4 3 s6 thyc duong thoa man x° + Y + z2 = 2. Chimng minh:
3 3 3
2 N 2 2 » Xty +zo | 3
x2+y2 y2+22 72 1732 2 xyz

Cau 2: a) Giai phuong trinh;<x* +9x + 20 = 2+/3x + 10.
X2y? -2x+y? =0

b) Tim X, y thoa’'man: :
2X° -4x+3=-y°

Céau 3: a) Chung minh rang néu: \/X2 + 3x'y* + \/y2 +3x?y* =a thi
b)Chtrng minh ring néu phuong trinh x* + ax® + bx? + ax +1 =0 ¢6

nghiém thi 5(a% + b?) > 4.

Cau 4: Cho nira duong tron tdm (O) duong kinh AB = 2R va ban kinh OC

vubng goc voi AB. Tim diém M trén nira dudng tron sao cho 2MA? = 15MK?,

trong d6 K 1 chan dudng vudng goc ha tir M xudng OC.

Cau 5: Cho hinh thang ABCD (AB//CD). Goi E va F lan luot 1a trung diém

ctiia BD va AC. Goi G 1a giao diém cua duong thang di qua F vudng goc véi

AD Véi duong thang di qua E vudng goc v6i BC. So sanh GD va GC.
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PE SO 5
2
Céau 1: 1) Giai phuong trinh:  x* + 8L2 =40.
(x+9)
2) Giai phuong trinh:
X% - 2x + 3(x - 3) ‘/X+1 =7.
X-3
Cau 2: 1) Tim gi4 tri nhé nhét bidu thirc: A = jixz |
1-x

2) Cho a, b, ¢ 1a @6 dai 3 canh cta tam giac. Chirng minh:

JaZ + b2 +b? +¢2 ++Jc? +a2 >+/2 @@+ b +0).

y*-xy+1=0 (1)

Cau 3: Giai h¢ phuong trinh:
x* +2x+y2+2y +1=0(2)
Cau 4: Cho hinh thang ABCD ¢6 2 day'BCva AD (BC # AD). Goi M, N 1a 2

diém lan luot trén 2 canh AB va DC sa0:cho % = g—g Puong thing MN

cit AC va BD tuong ung voi Eva Fi Chimg minh EM = FN.
CAu 5: Cho duong tron tam (O) va day AB, diém M chuyén dong trén dudng
tron. Tk M k¢ MH wudng,goc.vsi AB (H € AB). Goi E, F lan luot 1a hinh
chicu vudng goc cua Hy trén MA, MB. Qua M ke duong thang vudng goc voi
EF cat AB tai D.

1) Chimg minh duong thing MD luén di qua 1 diém ¢6 dinh khi M
thay doi trén duong tron.
MA? AH AD

2)'Ching minh: - = : :
MB BD BH

PE SO 6

Cau 1: Tinh gid tri biéu thirc: A =
1 1 1

i+ aeva T aeNm
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Cau 2: a) Cho céc s6 khac khong a, b, ¢. Tinh gi tri cta biéu thic:
M = X2011 + y2011 + Z2011

2 2 2 2 2 2

.z ~ Y A X® + +Z X Z

Biét x, Y, Z thoa man diéu kién: % = — + y—2 + —

a“ +b” +c a b c

b) Chirng minh rang véia > P thi s0 sau day 1a mot so nguyén duong.

a+1 [Ba-1 a+1l [8a-1
X=3a+ — [—= + 3la- /—
\/ 3 3 \/ 3 3

1 35 4c
+ <
+a 35+2b 4c +'57

Céau 3: a) Cho a, b, ¢ > 0 thoa man: ..Tim gia

tri nho nhat cua A = a.b.c.
b) Gia stra, b, ¢, d, A, B, C, D 1a nhitng s6 duong va
a b ¢ _d

Z = = = =~ = =, Ching minh¥ing:
A B C D 8 s

VaA +bB +/cC + JdD = /(a+b+c+d) (A+B + C + D)

Cau 4: Cho tam giac ABC c6 ba géc hhon.'Goi M, N, P, Q 1& bon dinh ciia
mot hinh chir nhat (M va N nam trén.canh BC, P nam trén canh AC va Q
nam trén canh AB).

@) Chung minh rang: Dién'tich hinh chir nhat MNPQ ¢6 gia tri 16n
nhat khi PQ di qua trung diém cua duong cao AH.

b) Gia st AH = BC. Chirng'minh réng, moi hinh chit nhat MNPQ déu

c6 chu vi bang nhau.
Cau 5: Cho tam giac ABC vudng can ¢ A, duong trung tuyén BM. Goi D la
hinh chicu cta C.tréntia BM, H Ia hinh chicu cua D trén AC. Chung minh
rang AH = 3HD.
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B - PHAN LOI GIAI

| - LOP 10 THPT
PE SO 1
Cau l:a)Taco:a+b=(2+3)+(2-3)=4

ab =(2+3)(2-+/3 =1.SuyraP=3.
3X+y=5 6x +2y =10 xX=17 x=1
b) S S

= :
X-2y=-3 X-2y=-3 y=5-3x y=2
Céu 2:
a)P=( ! + ! ]: x
X-x  x-1) x-2x+1
2
1 | x=Y)

(1) R (1)
vk (- ((Re)(Vr-1) yg

CWx(Vx-1) xR e x

b) V&ix >0, x #1thi X—_1>%<:>2(x-1)>x<:>x>2.
X

Vay véi x > 2'thi P> %

Cau 3:/a) Véim= 6, ta co phuong trinh: x> —5x + 6 = 0
A =25-4.6=1. Suy ra phuong trinh ¢ hai nghiém: x; = 3; X, = 2.
b) Taco: A=25-4.m

Pé phuong trinh d4 cho ¢6 nghiém thi A> 0 & m < % (*)

Theo h¢ thirc Vi-ét, ta cd X3 + X =5 (1); Xax2 = m (2).

Mit khéc theo bai rathi |, —x,|=3 (3). Tir (1) va (3) suyrax; =4; x; = 1
hodc x1 = 1; X, =4 (4)

Tur (2) va (4) suy ra: m=4. Thu lai thi thoa man.
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Cau 4:
a) T giac BEFI c6: BIF =90°(gt) (gt) c £
BEF = BEA = 90° (goc noi tiép chan nira duong
tron) ’ F
Suy ra tor giac BEFI ndi tiép duodng tron B 5
duong kinh BF A [ o
b) VIAB L CDnén AC=AD,
suy ra ACF = AEC.

Xét AACF va AAEC c6 goc A chung va D
ACF = AEC.
AC AE

Suy ra: AACF ~ v6i AAEC =
AF AC

— AE.AF = AC?
¢) Theo céu b) ta c& ACF=AEC, suy ra AC Ja.tiép tuyén ciia duong tron
ngoai tiep ACEF (1).

Mat khac ACB =90° (g6c noi tiép chin nira duong tron), suy ra ACLCB
(2). Tu (1) va (2) suy ra CB chtra degng kinh ctia duong tron ngoai tiép
ACEF, ma CB ¢ dinh nén tdm cua dudng tron ngoai tiép ACEF thuéc CB
cb dinh khi E thay d6i trén cung nhé BC.

Cau 5: Taco (a+b)?—4ab=(a-h)?*>0=(a+hb)? > 4ab

@(a+b)2 4 <:>l+1_ 4 =P> 4 ,méa+b£2\/§
ab (a+b) Ab atAath) (a+b)

:(ajb) 2\/_:>P >.\J2.Déu* ” xdyra
-b) =0

= (a ) <a=b=+2. VayminP=+2.
a+b =22

Loi binh:

Cau llb

Cac ban tham khdao thém mgt loi gidi sau
1) Tacoa=1.A=25—-4m. Goi X1,X; la cAc nghiém néu cé ciia phwong trinh.

—h+A A o
b2 =X -X|= _| . Vdy nén phwong trinh co
a a

Tir cong thirc X, =

i i . A a=1
hai nghiém X1, Xo thoa man |X;1—X3] =3 & |X, - X, [=—=3 < A4=9

a
& 25-4m=9eem=4. |2l
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2) C6 thé ban dang bin khoin khéng thdy diéu kién A > 0. Xin dirng, béi
X1—Xz| =3 <& A= 9. Piéu bin khodn dy cang 1am néi bdt wu diém cia
loi gidgi trén. Loi gidi di giam thiéu téi da cdc phép todn, diéu dy dong
hanh gidm bot nguy so sai sot.

Cau IVb

e Dé chirng minh mot dang thire ciia tich cdc doan thing ngwoi ta
thuong gan cdc dogn thang dy vao mét cdp tam gidc. dong dang. Mjt thii
thudr dé dé nhdn ra cdp tam gidc dong dang I3 chuyén "hinh thic!" ding
thirc doan thang ¢ dang tich vé dang thwong. Khi dé moi tam gidac dwoc
Xét sé cé canh hogc la nam cung mét ve, hodc cung nam & tik thiic, hodc
cung Nam & mau thiec.

s A AE .

Trong bai toan trén AE.AF = AC’* & A_IC:: :A—C. Dang thirc mach bdo
ta xét cac cdp tam gidc dong dang AACF (c6 canh nam vé trdi) va AACE
(c6 canh nam vé phai).

e Khi mét doan thang Ia trung binh nhan cia hai doan thing con lai,
chdng han AE.AF = AC? thi AC 14 cgnh chung ciia hai tam gidc, con AE
va AF khong cing nam trong mét tam gidc can xét.

Trong bai toan trén AC la canh chung cia hai tam giic AACE va AACF

Céu IVc

e Néu (4) la dwong thang ¢o dinh chiva tam ciia dwong tron bién thién co
cdac dac diem sau:

+ Néu dwong tron c6 hai diém cé dinh thi (A) 14 trung truec ciia doan
thang noi hai diem co dinh ay.

+ Néu dwong tron c6 mgt diém cé dinh thi (4) la dwong thang di qua
diem do va
— hoac la (4) L (4"),
—hodgc la (A) I (4Y),
—hodc 14 (A) tao véi (A') mét géc khong doi
(trong dé6 (A") |1a mét duong thing cé dinh c6 sin).

e Trong bdi todn trén, dwong tron ngoai ticp ACEF chi c¢é mét diém C 1a
Co dinh. Lai thay CB L CA ma_CA cé dinh nén phdn dodn cé thé CB la
dwong thang phdi fim. D6 la diéu dan dat loi gidi trén.,
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Cau Vv

Viéc Aim GTNN ciia biéu thirc P bao gio’ ciing vdn hanh theo so do "bé
ddn': P > B, (trong tai liéu nay ching t6i si dung B - chii cdi dau ciia
cha be hon).

1) Gid thiéta +b < 22 2 dang ngwoc véi so do "bé dan' nén ta phdi

Chuyénhod a+b_<2\/§ ©L>_

a+b 242
Tor do ma loi gidi danh gid P theo L
a+b

2) 1+1 >i vdi a >0, b > 0 1a mgt bét ding thirc ding nhé. Tuy

a b a+b
|& mét hé qud ciia bit ding
Co-si, nhung né dwoc vin dung rit nhiéu. Chiing fa con gap lai né
trong mgt so dé sau.
3) Cac ban tham khdo loi gidi khdcicia bai‘todn nhw la mét cdich
chieng minh bat dang thirc trén.
Véi hai sé a>0,b>0taco

1 1COSI 2 Co-si 22 4
P="4+= > > > \/_ Déu dangthwc co khi a

a b Jab a+b a+b 2\/_
=b:\/§.VéyminP—\/_.

PE SO 2

Lo (6 6)
3T 34T (3-4T)(3+47) 2
b) A =49 - 4.3 = 37, phuong trinh ¢6 2 nghiém phan biét:
TV 7437
o2 T 2
Cau 2: a) Hoanh do giao diém cua dudng thang (d) va Parabol (P) la
nghiém cua phuong trinh: - X + 2 = x* < X% + X — 2 = 0. Phuong trinh nay
6 tong cac hé so bang 0 nén cd 2 nghiém la 1 va - 2.
+Voix=1thiy=1, taco giao diém thir nhat 1a (1;1)
+Voix=-2thiy = 4, tacé giao diém thi hai 1a (- 2; 4)
Viy (d) giao voi (P) tai 2 diém c6 toa do 1a (1;1) va (- 2; 4)

_ 7

Céu 1:a)
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b) Thay x =2 vay = -1 vao hé da cho ta duoc:

8-a=b a=2+b a=5
2= =S :

2+b=a |8-(2+b)=b " |b=3

Thir lai : Thay a=5 va b = 3 vao hé d cho thi h¢ c6 nghiém duy nhat (2; - 1).

Viy a = 5; b =3 thi hé¢ da cho c6 nghiém duy nhét (2; - 1).

Cau 3: Goi x 1a s toa xe lra va y 1a s6 tan hang phai cho

Diéu kién: x € N, y > 0.

15x=y-5

. Giai ra ta dugc: X =8,y =
16x=y+3

Theo bai ra ta c6 hé¢ phuong trinh: {

125 (thoa mén)
Viy xe lira co 8 toa va can phai chd 125 tin hang.
Cau 4:

a) Ta c6: AIM = AKM =90° (gt), suy ra t giac"AIMK noi tiép dudng tron
duong kinh AM.
b) Tt gidc CPMK c6 MPC = MKC = 90° (gt):. Do d6 CPMK la t& gidc noi
tiép= MPK = MCK (1). Vi KC 13 tiép. tuyén cua (O) nén ta co:
MCK = MBC (cung chin MC) (2). Tix.(1) va (2) suy ra MPK = MBC (3)
c)

Chung minh tuong tu cau b ta c6, BPMI 1a t

giac noi tiép.

Suy ra: MIP = MBP (4). Tu(3)va (4) suy ra

MPK =MIP..

Tuong tu ta chirng minh dugc MKP = MPI .

MP  MI
Suyra: MPK=~ AMIP= ——=——
MK MP

= MI.MK'= MP? = MI.MK.MP = MP?,
Do.d6 ML.MK.MP I6n nhat khi va chi khi MP
l6n nhét (4) ’
- Goi H 1a hinh chi€u cua O trén BC, suy ra OH
la hang s6 (do BC ¢6 dinh).
Laico: MP+OH < OM=R= MP < R-OH.
Do d6 MP lorn nhat bang R —‘OH khi va chi khi
O, H, M thang hang hay M nam chinh gitra cung
nho BC (5). Tur (4) va (5) suy ra max
(MI.MK.MP) = (R - OH )* < M nim chinh
gitra cung nho BC.
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Cau 5: Dat v/x - 2009 =a;,y - 2010 =b;\/z- 2011 =c
(voia, b, ¢ > 0). Khi d6 phuong trinh da cho tro thanh:

a-1 b-1 c-1 3 1 1 1 1 1 1 11 1
sttt =S|t |+ =+ |+ =+ [=0
a b c 4 4 a a 4 b b 4 ¢ c

2 2 2
@(i_ij +(l_£] +(l_£] =0 <:>a:b:C:2
2 a 2 b 2 ¢

Suyra: x = 2013, y = 2014, z = 2015.

Loi binh:

Cau IVvc
Loi binh sau Pé sé 1 cho thdy: Néu ¢é AE.ARAC = AC* < AE.AF
= AC? thi thwong AC |1a canh chung ciia hai tam gidc AACE va AACF.

Quan sat hinh Vé ta thdy MP 12 canh chung ciia hai tam gigic MPI
va MPK, nén ta phin dodn M1.MK.MP= MP?,

Néu phdn dodn gy la_ding thi GTLN-ciia MLLMK.MP chinh Ia
GTLN ciia MP. D6 la diéu din dat 1o gii trén.

Cau lla
[<Loi nhin

Hoanh dj giao diém ciiahai do thi (d):y=kx+b va(P):y=ax’la
nghi¢m ciia phuong trinh a‘X2 =kx +b (1). Sé nghiém ciia phwong trinh
(1) bang sé giao diém cia do thi hai ham so trén.

Cau Vv

1)-eViée dgt a, b, ¢ thay cho cic can thikc la cdch lim d@é dé nhin
bai toan;..\\Vldi moi sé dwong a, b, c ta lubn co
a-1 b-1 c-1 _3
+ + <—. 1
a> b> ¢ 4 @)
Thay Vi ddt cdu héi khi ndo thi ddu déing thirc xdy ra, ngwoi ta ddt
bai toan gidgi phuwong trinh
a-1 b-1 c-1 3
+ + =—. (2
a> b®> ¢ 4 @)
e \Vai trd ciia a, b, ¢ déu binh déing nén trong (1) ta nghi dén dinh gid
a-1 1
<=,
a? 4
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_ _ —2)? .,
Thatvay 2t<t o 31 Yoo o JZ2" 4 Diy ding thire
a’> 4 a? 4 a
c6 khi va chi khi a = 2. Twong tw ta ciing cé bb_21£%1 C_zlsi. Déu
c

ddng thirc c¢é khi va chi khib=2,¢=2.

2) Mi gid tri ciia bién cin bang bit dang thirc duwgc goi 1a diém
roi Cua bat dang thirc ay.

Theo dé, bit ding thirc (1) cdc bién a, b, ¢ déu cé chung mét diém
roilaa=b=c=2

Khi vai tro cia cdc bié'lg trong bai toan chirng minh bdt dang thirc
binh dang véi nhau thi cac bién ay cé chung mot diem roi.

Phuwong trinh dién td diu bang trong bit ding thirc dwoc goi 1A
"phuwong trinh diém roi" .

3) Phwong trinh (2) thugc dang "phwong trinh.diém roi"
a-1 b=1 c-1 1

at b2/ 2 4

\ , . . . s oz 1 11
Diéu do cat nghia diem mau chét ciia loi gidi la tach 2 = Z+Z+Z :

2) o (a—zl_l}r(b—zl_l}r(c—zl_lj:0.
a 4 b 4 c 4

4) Phén 1on cac phuwong trinh chira hai bién tré Ién trong chwong
trinh THCS déu 14 "' phwongtrinh diém roi".

Tai diém roia=b=c=2 taco

PE SO 3

Cau 1:a)Patx* =y, y >0. Khi d6 phuong trinh da cho c6 dang: y* + 3y —
4=0 (1)

Phwong trinh (1) c6 tong cac hé sb bang 0 nén (1) ¢6 hai nghiém y; = 1; y, =
-4.Doy >0 nénchico yr = 1 thoa mén. Véiy; = 1 ta tinh duge x = + 1,
Vay phuong trinh c6 nghiém 1a x = +1.

2x+y=1 8x+4y=4 9X =95 x=1
b) & & <
3X+4y=-1 3X+4y=-1 2x+y=1 y=-1

VB-ve 2448 _W(1-V2) 2(4V2) o

1-V2 1442 1-V2 1442

Céau2: a) A=
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(11 X+ 24/x
b)B_(x—4 x+4\/§+4]' Jx

1 1 XX +2)
(Vx=2)(Vx+2) x+2) | Jx

11 _(&+2—\/§—2)_ 4
“Ux—2 Jx+2 X - -

4 X-4
Cau 3:
a) V& dd thi cac ham s y=- X vay = x — 2.

b) Hoanh d¢ giao diém ctia duong thiang y =
X — 2 va parabol

y = - X* la nghiém cua phwong trinh:- x* = x
—2 &x*+x-2=0

Suy ra céac giao diém can tim la: L( 1;-1) va
K(-2;-4)
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